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1 Introduction

On July 1, 2014, Prime Minister Shinzo Abe and his cabinet approved a reinterpre-

tation of the Japanese constitution, allowing the Japanese government to exercise

the right of Collective Self-Defense (CSD henceforth).1 This cabinet decision marks

a milestone in the decades-long transformation of Japan’s national security policy

because it expands the scope of the Japanese military role beyond the minimum

necessary for national defense. If Japanese lawmakers pass the bills in support of

this new security policy, the government can use force when it deems that an armed

attack on its allies poses a threat against Japan’s national interest.

This constitutional reinterpretation of the right of CSD has profound implica-

tions for Japan’s grand strategy as well as the security arrangement between the

United States and Japan. Since the end of World War II, Japan has relied on the

American military for its national security by means of the U.S.-Japan alliance.

This alliance is one of the rare cases of an asymmetric defense commitment that

exist today; while the U.S. is obliged to defend Japan if Japan comes under attack,

Japan is not obliged to defend the U.S. even if the American military stationed in

Japan gets involved in armed conflict.2 This asymmetry in burden-sharing roles

between the allies is a response to the post-WW II imperatives Asia-Pacific lead-

ers to tame Japan’s militarism and expansionism. The mechanisms to achieve this

goal were two-fold: Article 9 of the Japanese constitution disarmed Japan and the

U.S. asymmetric alliance commitment provided a reassurance to East Asian nations

(Christensen 1999).

1The cabinet decision on July 1, 2014 by the Abe government is available online at
http://japan.kantei.go.jp/96 abe/decisions/2014/ icsFiles/afieldfile/2014/07/03/anpohosei eng.pdf.

2Other alliances with asymmetric defense obligations include the executive agreement between
the U.S. and Pakistan and France’s commitment to the defense of its former colonies such as Senegal
and Djibouti among others.
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This historically unique asymmetric alliance is currently undergoing a funda-

mental overhaul. The July 1 cabinet decision and associated legislation, which (at

least partially) remove constitutional constraints on the right of CSD, shift the al-

liance towards a more symmetric one with mutual defense commitments. This shift

in the U.S.-Japan alliance also implies a fundamental transformation of Japan’s

post-WWII grand strategy for national security, raising concern that these changes

indicate growing militarism and expansionism in Japan.

The motivation for this chapter is the recognition that these changes in the

alliance and Japan’s grand strategy ought to have consequences for the security

environment in East Asia. These impacts also present challenges to the scholars

of international relations as they pose a kind of puzzle that the literature has not

addressed. The goal of this chapter, therefore, is to place the issues of CSD within

the context of international relations theory. This chapter explores the strategic logic

of CSD in light of theory on alliance and deterrence by examining policy makers’

claim about the effect of CSD. Specifically, Prime Minister Abe explains the rationale

for these new initiatives on CSD by arguing that CSD serves as a strong signal to

deter any challenges to the status quo in East Asia. Figure 1 summarizes the

Abe government’s argument. It shows that if the Japanese government is allowed

to invoke the right of CSD, the U.S.-Japan alliance would be strengthened. The

improved alliance, Abe argues, will enhance (extended) deterrence as it will signal a

stronger defense commitment to the potential adversaries. This in turn will improve

the national security of Japan.3 The literature of international relations, however,

casts doubt on each of these logical steps. In particular, assuming that the expansion

3For Prime Minister Abe’s argument about the causal effect of CSD, see, for example, the re-
marks made by Prime Minister Abe at his press conference on the day his cabinet announced its de-
cision on CSD (July 1, 2014): http://japan.kantei.go.jp/96 abe/statement/201407/0701kaiken.html
(Accessed March 10, 2015).
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Figure 1: Policy Rationale for Collective Self-Defense

of Japan’s burden-sharing role strengthens the U.S.-Japan alliance, it still is not clear

if reinforced alliance commitments would always reveal a Japanese government’s

resolve to use force to defend its ally’s interest, thereby serving as a deterrent.

The analysis that I present in this chapter reveals that the manipulation of the

constitutional constraint on CSD is not an effective signaling device in extended

deterrence. Reducing constitutional constraints on the exercise of the right of CSD

does not help the Abe government achieve its goal of deterrence. This is partly

because Japan’s reliance on the American military for its defense undermines the

credibility of Japan’s alliance commitments. I arrive at this conclusion by analyzing

the effect of varying degrees of constitutional constraints on CSD using the standard

model of alliance commitment, in which the central function of alliance is seen

as extended deterrence (Morrow 1994; Smith 1998). Whether to invoke CSD in

deterrence is essentially the problem of intervention into an armed conflict on behalf

of an ally. Thus, in what follows, I analyze the effect of CSD on crisis bargaining

between a potential adversary and the U.S. in the context of Japan’s intervention

commitments.

2 The Model

Consider the case of extended deterrence among three states in the shadow of armed

conflict. A challenger is in a dispute with the United States over some international

good. The common value of the good to both is normalized to 1. We assume that the

United States is satisfied with the status quo, while the challenger has an incentive
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 Figure 2: Signaling with Collective Self-Defense in the U.S.-Japan Alliance: Note:
The payoffs for each outcome are listed by order of Japan, the United States, and
the challenger.

to alter the allocation of the good with the use or threat of force. The United States

is allied with Japan but the security treaty between the allies does not fully entail

Japan’s commitment of intervention on the side of the United States in the event of a

military confrontation. Although Article 5 of the security treaty stipulates that both

allies assume an obligation to assist each other in case of armed conflict on territories

under Japanese administration, the current Japanese constitution is understood to

prohibit Japan from assisting the United States militarily unless armed attack is

directed at Japan.

2.1 The Sequence of Moves and the Payoffs

The game begins with the Japanese government’s decision to redefine its grand

strategy in the alliance politics by revising its interpretation of the constitutional

constraint on the use of force when an armed attack is directed at the U.S. or other

friendly state. Specifically, Japan decides on the political cost vJ ≥ 0 that it incurs

when it joins the U.S. military operations against aggressions by the challenger. Past

governments of Japan have maintained that Article 9 of its Constitution precludes

the use of force in exercising the right of CSD. Thus, revising this interpretation
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alters domestic political costs. Choosing vJ = 0 is equivalent to relinquishing the

current constitutional constraint altogether that renounces the use of force in setting

international disputes.

After observing Japan’s choice of its constitutional constraint on intervention,

the challenger decides either to challenge the U.S. for possession of the good (CH) or

to keep the status quo. If the challenger makes no challenge, the status quo prevails

(SQ), where the payoff is 1 for the U.S. and 0 for the challenger. Since the allies

share a common interest in this conflict, Japan receives the payoff of s in the SQ

outcome, where s ∈ [0, 1] denotes the salience of the disputed good. If challenged,

the U.S. must decide either to concede (CD) or resist (RS). If the U.S. concedes,

then the good is transferred to the challenger without military confrontation and

the game ends. In the concession outcome, the challenger obtains the value for the

good, 1, and the U.S. loses the good so that both the U.S. and Japan receive the

payoff of 0. If the United States resists, on the other hand, the outcome depends

on which state prevails in the armed conflict and on whether Japan intervenes. The

armed conflict becomes a multilateral conflict if Japan intervenes (In) but remains

as a bilateral one if Japan stays out (Out).

The outcome of armed conflict—both bilateral and multilateral—is determined

by a costly lottery. If Japan intervenes, the probability that the U.S.-Japan alliance

wins a multilateral war is p ∈ (0, 1), which reflects the underlying relative military

capabilities between the three states:

p =
mJ +mU

mJ +mU +mC
, (1)

where mJ > 0, mU > 0, and mC > 0 respectively denote military capabilities of

Japan, the U.S., and the challenger. Hence, with probability p, the disputed good

remains as the status quo ante so that each of the allies receives the payoff of 1.

5



With probability 1 − p, the challenger prevails in a multilateral conflict, obtaining

the control over the disputed good valued at 1. The valuation of the disputed good

for Japan is discounted by the salience of the issue for Japan s ∈ (0, 1). Fighting

armed conflict is costly for any state, so that each state incurs the cost of fighting

ci > 0, where i = {J,C,U} denotes Japan, the challenger, or the U.S. In accordance

with the literature on alliance and third-party intervention, the cost of fighting is

identical across any kind of war (e.g., Morrow 1994; Smith 1998). The cost of fighting

is taken to indicate the government’s willingness to use force: the lower the cost is

relative to the valuation of the disputed good, the more willing the government

is to use force to settle a dispute. When Japan intervenes in a conflict to assist

the U.S. military, Japan’s burden-sharing role through the collective self-defense

arrangements reduces the cost of fighting for the U.S. by δU ∈ (0, 1). This burden-

sharing coefficient describes the degree of this reduction in the U.S. cost of fighting

relative to what the U.S. would have to pay if Japan had chosen to stay out of the

conflict. The burden-sharing coefficient can also be interpreted as the degree to

which Japan can assist in the defense of the U.S. A high value of δU indicates that

Japan plays a larger burden-sharing role in U.S.-Japan joint military operations. As

we mentioned above, a Japanese government incurs vJ ≥ 0 when it joins the U.S.

military operations due to its pacifist constitution. If the Japanese government keeps

its current interpretation of the constitutional restriction on the use of military force

in collective self-defense, then this cost vJ is so high that the choice of intervention

is strictly dominated by the choice of staying out of the conflict. Thus, the expected

payoffs from a multilateral war are sp− cJ − vJ for Japan, p− δUcU for the United

States, and 1− p− cC for the challenger.

If Japan stays out, then the expected payoffs from the bilateral war are sq − aJ
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for Japan, q − cU for the U.S. and 1 − q − cC for the challenger. Note that aJ ≥ 0

denotes the abandonment cost that the Japanese government incurs if it fails to

assist the U.S. in military operations to protect American national security. The cost

can take various forms in reality depending on the context including, among others,

the breakdown of the alliance and a loss of the “trust” that is frequently mentioned

by policy makers in Japan. Since Japan is not militarily involved, the probability

that the U.S. wins a bilateral war q is determined by the relative capabilities between

the U.S. and the challenger:

q =
mU

mU +mC
. (2)

Note that p > q since mi > 0 for i = {U,C}. The difference ψ ≡ p − q =

mJmC

(mJ+mU+mC)(mU+mC) > 0 captures the degree to which the U.S.-Japan alliance

can generate fighting effectiveness by aggregating their military capabilities.

2.2 Information Structure and Beliefs

The politics surrounding Japan’s constitutional reinterpretation and its ramifica-

tions in the regional security environment centers around the neighboring countries’

perception of the Japanese government’s propensity for belligerency. As a govern-

ment’s willingness to use force (or resolve) is not readily observable, the uncertainty

over resolve fuels such threat perceptions. Prime Minister Abe’s decision in July

2014 to reinterpret Article 9 led to misgivings among the neighboring countries in

the region. In China and South Korea, many fear that Japan’s new military policies

might reflect its underlying inclination for expansionism and militarism.4 To capture

these threat perceptions of the constitutional reinterpretation as a central element

of the analysis in this chapter, I assume that the cost of fighting for a Japanese gov-

4See for example, “Japan and the Limits of Military Power” New York Times, July 3, 2014,
A.22., and “Japan Announces a Military Shift to Thwart China” New York Times, July 2, 2014,
A.1.
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ernment cJ > 0 is private information, and the challenger and the U.S. take Japan’s

decision on vJ as a signal of its willingness to use force. While it is plausible that the

costs of fighting for the challenger and the United States (cC and cU respectively)

are also private information, it suffices to focus on the dynamics generated by the

uncertainty over cJ . Thus, I assume that cC and cU are common knowledge. The

challenger and the U.S. hold a (common) belief that Japan’s cost of fighting cJ is

distributed on the interval (0, cJ ] according to the cumulative distribution function

F (·) with continuous, strictly positive density, where cJ is an arbitrary upper bound

on cJ .

This game allows Japan to redefine its grand strategy in the alliance politics,

by either revising its constitution or modifying its government’s interpretation of

Article 9 of the Constitution so that Japan can legally exercise the right of CSD a

confrontation occurs between the challenger and the United States. We shall refer

to this game as the signaling game.

3 Preliminaries

We solve the signaling game for perfect Bayesian equilibrium (PBE). In it, the

strategies for the challenger, the U.S., and Japan must be best replies, given the

others’ strategies and the beliefs of the challenger and the U.S.. The strategies must

be subgame perfect. The beliefs must be consistent with the strategies and, wherever

relevant, Bayes’ rule. In this section, I present preliminaries on the decision problem

for each actor necessary for characterizing the PBE.

3.1 Intervention Decision of Japan

By subgame perfection, Japan will intervene if and only if the expected payoff from

a multilateral conflict is at least as good as the expected payoff from a bilateral
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conflict in which Japan will not be involved. This condition holds when

cJ ≤ s(p− q)− vJ + aJ ≡ θ, (3)

where θ denotes the critical type of Japanese government that is indifferent between

intervention and staying-out. This cut-off point implies that government types with

cJ ≤ θ, called the resolute type, prefer intervention to staying-out and government

types with cJ > θ, called the irresolute type, prefer staying-out to intervention in

equilibrium.

Past Japanese governments have maintained the interpretation that its pacifist

constitution precludes Japan from intervening to defend the interest of its ally;

intervention in a military confrontation where Japan’s ally is targeted has been

deemed as a violation of Article 9 of its constitution. Let vJ denote the level of

violation costs such that the Japanese government must relinquish its choice of

intervention in equilibrium:

sp− cJ − vJ < sq − aJ

vJ > sψ − cJ + aJ ≡ vJ . (4)

where ψ ≡ p − q. With vJ , the choice of intervention is strictly dominated by the

choice of staying-out. We shall call this condition the Self-Defense Constraint.

The self-defense constraint is understood to be imposed by the constitutional regu-

lations including Article 9. If a Japanese government abides by this constitutional

regulation, the government is rendered the irresolute type. Technically, any vJ > 0

is feasible because there is no budget constraint. However, because raising the vio-

lation cost vJ beyond the point where the choice of “intervention” is immaterial for

the choices and outcomes in the signaling game, the Self-Defense Constraint func-
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tions as an effective upper bound.5 At this point, it is useful to present the following

observation to simplify the analysis.

Lemma 1. There is no equilibrium if θ ≤ 0 so that all government types of Japan

prefer to stay out of an armed conflict.

Proof of Lemma 1. The proof for all the results in this chapter is presented in the

Appendix.

3.2 Resistance Decision of the U.S.

Anticipating this, the U.S. will resist if uU (RS) ≥ uU (CD) conditional on its pos-

terior belief regarding Japan’s willingness to intervene. Let F (vJ , θ) denote the

common posterior belief that Japan will intervene if the U.S. resists conditional on

Japan’s initial choice of vJ . Then this condition holds if F (vJ , θ)(p − δUcU ) + (1−

F (vJ , θ))(q − cU ) ≥ 0, or

cU ≤
q + F (vJ , θ)ψ

1− F (vJ , θ)(1− δU )
≡ ĉU , (5)

where ĉU denote the lowest type (i.e., the highest-cost type) of the U.S. that will

resist in equilibrium. If cU ≤ ĉU , the U.S. will resist when challenged in equilibrium;

if cU > ĉU , the U.S. will concede when challenged.

Suppose that F (vJ , θ) = 1 so that the U.S. believes that Japan will intervene

with certainty when the U.S. resits. Then, the U.S. will resist if and only if

cU ≤
p

δU
. (6)

This means that the U.S. of type cU > p
δU

is not willing to resist even if it knows

that Japan will intervene. In other words, the U.S. resolve is so low that it is a

5The results presented in this chapter remain unchanged if we allow for an arbitrary upper
bound on the violation cost.
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dominant strategy to concede the disputed good to the challenger. Now suppose

that F (vJ , θ) = 0 so that the U.S. believes that Japan will never intervene when it

resits. Then, the U.S. will resist iff

cU ≤ q. (7)

For the U.S. type cU ≤ q, concession is strictly dominated by resistance, meaning

that it is highly resolved to defend the status quo and to resist regardless of Japan’s

intervention decision. Figure 3 illustrates the dominant strategies for the U.S..

0 p/ U  

Always RS 

q  

Always CD 

cU 

Figure 3: Dominant Strategy for the United States

3.3 Initiation Decision of the Challenger

Given the best responses by Japan and the United States, the challenger’s optimal

decision to make a challenge depends on whether the United States is willing to

resist. Thus, if the United States has low resolve, cU > ĉU , then the challenger will

always make a challenge, obtaining the payoff of 1, rather than keeping the status

quo to receive the payoff of 0. On the other hand, if cU ≤ ĉU and the United States

is expected to resist the challenge, then the challenger will make a challenge if and

only if F (vJ , θ)(1− p− cC) + (1− F (vJ , θ))(1 − q − cC) ≥ 0, or

cC ≤ 1− q − F (vJ , θ)ψ ≡ ĉC . (8)

where ĉC denotes the type of the challenger that satisfies this condition, such that

ĉC is the lowest-resolve type of the challenger that will challenge the status quo in

equilibrium. Thus, provided that the U.S. is highly resolved (i.e., cU ≤ ĉU ), the

challenger will make a challenge if cC ≤ ĉC and will keep the status quo otherwise.
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Suppose that F (vJ , θ) = 0 so that the challenger believes that Japan will never

intervene if the U.S. resits. In this case, the challenger will challenge the status quo

if and only if

cC ≤ 1− q. (9)

This means that cC = 1−q is the lowest-resolve type that makes a challenge when it

knows that Japan will stay out for sure. For types cC > 1−q, on the other hand, the

challenger is satisfied with the status quo since the choice of SQ strictly dominates

the choice of CH. Recall that the size of the disputed good is normalized to one

and 1− q represents the challenger’s probability of winning a bilateral war with the

U.S. Hence, the challenger is satisfied with the SQ if its cost of war is greater than

its expected benefit from a bilateral war against the U.S.

Now suppose that F (vJ , θ) = 1 so that the challenger believes that Japan will

intervene with certainty if the U.S. resits. Then, the challenger will make a challenge

if and only if cC ≤ 1− q − 1 · ψ, or

cC ≤ 1− p. (10)

This means that the challenger of type cC ≤ 1− p will always resist regardless of its

expectation about the responses from the U.S. and Japan to its challenge. In other

words, the challenger with high enough resolve is undeterrable.

Expressions (9) and (10) together have two implications. First, if we consider

Japan’s signal with vJ as deterrence, then such a signal matters if the challenger is

neither satisfied with the status quo nor undeterrable.

Second, the existence of the “undeterrable” type implies that there is always

positive ex ante probability that the challenger will challenge the status quo for any

vJ ≥ 0 and F (vJ , θ) ≥ 0. This gives the following lemma.
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Figure 4: Deterrable Challenger

Lemma 2. There is no feasible signal vJ that Japan can send in equilibrium to

ensure that the challenger is deterred with certainty.

Lemma 2 suggests that Japan can never use its the right of CSD to assuredly

deter the challenger from making the challenge against the status quo. As a coun-

terfactual analysis, what would be the conditions under which the challenger would

be perfectly deterred? Lemma 2 suggests that one such condition is that the

challenger holds unrealistically high belief about Japan’s willingness to intervene:

F (vJ , θ) ≥
1−q
ψ

> 1. To induce this level of belief on the challenger is impractical

since it would require that the U.S.-Japan alliance win a multilateral war against

the challenger with some probability greater than one: p ≥ 1−q(1−F (vJ ,θ))
F (vJ ,θ)

> 1. Since

the U.S.-Japan alliance can never meet this condition, the challenger will not be de-

terred from making a challenge with certainty. If the challenger were to be deterred

from making a challenge with certainty, it would be due to its cost of war being too

high relative to its expected benefit from a bilateral war with the U.S., as shown in

(8); Japan’s involvement has no impact on this calculation.

4 Equilibrium

I look for PBEs with partition signals in the signaling game, where low-cost (i.e.,

high-resolve) types prefer a lower level of constitutional constraints on CSD. In

general, setting any vJ < vJ signals that the Japanese government type is willing to

intervene to assist its allies. If Japan sets vJ = 0, it is equivalent to the abrogation
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of the constitutional constraints altogether on the use of force to defend its allies

under attack. At the other extreme, Japan can renounce the use of force except

for its own self-defense by binding itself to the Self-Defense Constraint (i.e., by

setting vJ = vJ). As expression (4) indicates, the Self-Defense Constraint imposes

a sufficiently high cost of intervention for any government type of Japan so that

all government types are committed to staying out of a bilateral conflict when the

U.S. comes under attack. Japan can also set its constraint at some middle-range

value vJ ∈ (0, vJ), so that while intervention is no longer prohibited, Japan still

faces constitutional constraints in exercising the right to CSD. For example, the

July 2014 cabinet resolution indicates that Japan can exercise its right to collective

self-defense if a military contingency poses a grave threat to the national security

of Japan or its allies.

The signaling game has two types of PBEs, with differing degrees of information

revelation in terms of security arrangements and intervention commitments: the

pooling and separating equilibria. In this section, I will detail each type of equilibria

in turn.

4.1 Pooling Equilibrium

The first type of the PBE is the case where all government types of Japan pool—that

is, they all remove the constitutional constraint on the exercise of CSD altogether

by setting vJ = 0. Subsequently, only resolute type with cJ ≤ θ intervenes if the

U.S. resists, and the irresolute type cJ > θ will renege on the alliance commitment

as it will stay out of an armed conflict despite having removed the constitutional

constraints.

To see why this is the only feasible pooling behavioral strategy, suppose that all

government types of Japan place upon themselves nonzero constraints by setting
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v
′

J > 0. Then, any such signals are not incentive compatible for the resolute type,

since doing so would simply raise an additional cost of intervention v
′

J for the types

that intervene along the equilibrium path (i.e., for the resolute type) without any

informational benefits. One might wonder if a pooling signal v
′

J might constitute a

PBE if all types stayed out of an armed conflict (i.e., if θ < 0), so that Japan would

not incur the violation cost v
′

J along the equilibrium path. However, Lemma 1 shows

that there is no such equilibrium. Thus, Japan cannot send a pooling signal with

any positive constraint.

Since all the government types pool on vJ = 0 in this equilibrium, the challenger

and the U.S. cannot update their belief about the Japanese government’s willingness

to use force. Consequently, the common posterior belief remains the same as the

prior belief F = θ.6 Conditional on the challenge, the U.S. will resist if and only if

the expected payoff from doing so is at least as good as the concession payoff of 0.

Given the posterior belief, expression (5) suggests that this condition holds if

cU ≤
q + θψ

1− θ(1− δU )
≡ ĉU . (11)

Since the cost of fighting for the U.S. is common knowledge, when this condition (11)

does not hold and hence the U.S. is not resolved to resist, the challenger will always

make a challenge. When this condition holds, on the other hand, the challenger will

make a challenge if doing so is expected to yield the payoff greater than or equal to

its status quo payoff of 0. Expression (8) suggests that this condition holds if

cC ≤ 1− (q + θψ) ≡ ĉC . (12)

If no government type honors the alliance commitment, this pooling signal vJ = 0

cannot be incentive compatible (see Lemma 1). Thus, for this pooling signal to

6To be more precise, the prior belief is given by F (θ). However, without loss of generality, I
hereafter assume that F (·) is uniformly distributed.
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be part of the PBE, there must be nonzero probability of intervention along the

equilibrium path.

Proposition 1 (Pooling Equilibrium). Let ĉC = 1− (q + θψ) and ĉU = q+θψ
1−θ(1−δU ) .

There is a perfect Bayesian equilibria to the signaling game, in which all government

types of Japan set vJ = 0 and subsequently the resolute type cJ ≤ θ intervenes in a

multilateral war and the irresolute type cJ > θ stays out of a bilateral war. Upon

observing vJ = 0, the challenger and the U.S. hold the common posterior belief that

F (·) = θ. The U.S. will resist if cU ≤ ĉU . Provided that cU ≤ ĉU , the challenger

will challenge the status quo if cC ≤ ĉC . Provided that cU ≤ ĉU , the challenger will

always make a challenge.

Note that Proposition 1 does not preclude the case where all government types of

Japan honor the alliance commitment by intervening in a multilateral conflict on the

equilibrium path after abrogating the constitutional constraints on the use of CSD.

This equilibrium behavior implies that at the outset of the signaling game, even

before observing a Japanese government’s choice of the constitutional constraints,

the challenger and the U.S. believe that Japan will surely intervene in a multilateral

war if the U.S. resists. Their common prior and posterior beliefs about the likelihood

of Japan’s intervention are both given by F = 1 as long as all government types

of Japan remove the constitutional constraint (i.e., sets vJ = 0). This equilibrium

behavior is possible if the disputed good is highly salient for Japan so that the issue

is worth fighting even for the most “dovish” government type such that s ≥ 1−aJ
ψ

.

It is also possible if the fighting effectiveness is sufficiently improved through the

defense coordination mechanism of the U.S.-Japan alliance such that ψ ≥ 1−aJ
s

. In

either case, the best response conditions in expressions (11) and (12) are modified

as follows. The U.S. will resist unless concession does not dominate resistance (i.e.,
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if cU ≤ p
δU

). Provided that the U.S. will resist if challenged and the challenger

knows this, the challenger will challenge the status quo if it is “undeterrable” (i.e.,

if cC ≤ 1− p). If the challenger knows that concession dominates resistance for the

U.S., the challenger will always make a challenge to revise the status quo.

4.2 Separating Equilibria

There are also the separating equilibria, in which the relatively resolute governments

place a low constitutional constraint, while the relatively irresolute types set a higher

constraint on the exercise of CSD. More specifically, there are two types of separating

strategies that constitute a PBE. The first such strategy separates government types

with a partition signal vJ = {v
′

J , vJ}, where v
′

J ∈ [0, vJ). Let α > 0 denote the least-

resolved government type that sets the constitutional constraint at v
′

J . Then, all

government types with cJ > α impose upon themselves the Self-Defense Constraint

vJ , while the rest of the government types cJ ≤ α mitigate the constraints on

CSD by signal v
′

J less than the Self-Defense Constraint including zero. The second

separating strategy involves a partition signal vJ = {0, v∗J}, where v∗J ∈ (0, vJ ].

Let β denote the least-resolved government type that removes the constitutional

constraint on CSD altogether by setting vJ = 0. Then, all other government types

with cJ > α impose upon themselves some degree of the constitutional constraint

v∗J including the Self-Defense Constraint vJ .

These two types of the separating strategies are strategically equivalent in the

sense that both strategies induce the same posterior beliefs and the best responses

by the challenger and the U.S., yielding exactly the same probability distribution on

crisis outcomes. Additionally, note that both separating strategies allow for some

degree of freedom in setting the constitutional constraint. For example, the first

partition strategy vJ = {v
′

J , vJ} allows v
′

J to vary in the interval [0, vJ), and any
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level of constraints can meet the requirements of PBE. Similarly, the second partition

strategy vJ = {0, v∗J} allows v∗J to take any value in the interval (0, vJ ], and any

level of constitutional constraint can be part of the PBE without any substantive

impact on the crisis dynamics or outcomes.

However, the equilibria of the first separating strategy vJ = {v
′

J , vJ} do not

survive the intuitive criterion (Cho and Kreps 1987) except for the special case

where v
′

J = 0. That is, this type of PBE does not survive the intuitive criterion for

any v
′

J ∈ (0, vJ).
7

Lemma 3. The PBE with a separating signal vJ = {v
′

J , vJ} survives the intuitive

criterion if v
′

J = 0.

Because PBE allows the uninformed players (i.e., the challenger and the U.S. in

the signaling game) to form any arbitrary beliefs to sustain the equilibrium behavior,

the PBE with a partition signal vJ = {v
′

J , vJ} requires that if the uninformed players

observe an unexpectedly low level of constitutional constraint vJ < v
′

J set by a very

resolved Japanese government, the uninformed players believe that this Japanese

government must be the irresolute type and unwilling to intervene into a multilateral

conflict. Recall that if this highly resolved government is willing to intervene, it will

incur the cost of constitutional violation v
′

J . Recall also that if this very resolved

government wants to deter a challenge to the status quo, it would have an incentive

to convince the challenger that it would likely face the aggregated forces of the

U.S.-Japan alliance if American security interest is challenged by sending a much

stronger signal vJ < v
′

J . Thus, as I show in the Appendix, it is a strictly dominated

7Intuitive criterion is an equilibrium refinement concept that eliminates less efficient equilibria.
Given the equilibrium strategy for the challenger and the U.S., some government type of Japan
can possibly gain from off-the-equilibrium deviation, while other types can only lose. If such
a deviation is possible, the equilibrium is sustained by implausible off-the-equilibrium-path beliefs
that counterbalance or contaminate the incentive for deviation. Intuitive criterion places additional
restriction on the off-the-path belief that is concentrated on the type that stands to gain.
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strategy for Japan to maintain any nonzero constitutional constraint v
′

J > 0. That

is, no matter what the challenger’s strategy is, a highly resolved type is better off

choosing v
′

J = 0. As long as we cannot rule out the possibility that there exists

such a highly resolved Japanese government that would set vJ < v
′

J , we cannot

support any of the PBE with a partition signal vJ = {v
′

J , vJ} unless v
′

J = 0 given

the intuitive criterion.

As a consequence, the PBE with the first partition signal vJ = {v
′

J , vJ} where

v
′

J = 0 and the PBE with the second partition signal vJ = {0, v∗J}, where v
∗
J ∈ (0, vJ ]

are essentially identical, constituting an effectively unique separating equilibrium.8

The next proposition presents this equilibrium to the signaling game.

Proposition 2 (Separating Equilibrium). Let ĉC = β(1−q)−θψ
β

, ĉU = θψ+βq
β−θ(1−δU ) , and

β =

{

θ(ψ+cU (1−δU ))
cU−q

if cU ≤ ĉU
θψ

1−q−cC
if cU > ĉU

. Then, if cU ∈ (q, p
δU

) and cC ∈ (1 − p, 1 − q),

there is a continuum of (essentially unique) perfect Bayesian equilibria (PBE) to the

signaling game that survive the intuitive criterion, in which all government types

of Japan below β set vJ = 0 and government types above β set vJ = v∗J , where

v∗J ∈ (0, vJ ]; subsequently, government types with cJ ≤ θ intervene in a multilateral

war if the U.S. resists and types with cJ > θ stay out of a bilateral conflict between

the U.S. and the challenger. Upon observing vJ = 0, the challenger and the U.S.

hold the common posterior beliefs that F (·) = θ
β

and 1 − F (·) = β−θ
β

. The U.S.

resists if cU ≤ ĉU and concedes otherwise. Provided that cU ≤ ĉU , the challenger

challenges if cC ≤ ĉC and keeps the status quo otherwise. Provided that cU > ĉU , the

challenger always makes a challenge. Observing v∗J , the common posterior beliefs

are given by F (·) = 0. Then, the U.S. will always concede and, anticipating the U.S.

8Although I omit the discussion to save space, it can be shown that other separating strategies
cannot constitute a PBE. For example, a separating signal with partition vJ = {0, v

′′

J , vJ}, where

0 < v
′′

J < vJ , cannot constitute a PBE (see Lemma 8 in the Appendix).

19



decision, the challenger will always make a challenge.

In this equilibrium, only the irresolute type cJ ≥ θ sets the constitutional con-

straint at v∗J ∈ (0, vJ ]. Because the irresolute type is the government type that is

not willing to honor the alliance commitment, when the challenger and the U.S.

observe the signal v∗J , they believe that Japan will stay out of an armed conflict

with certainty if the U.S. resists the challenge to its security interest. Given the

posterior belief F (·) = 0, the U.S. would resist if cU ≤ q, conditional on a chal-

lenge being made. However, Proposition 2 states that the separating equilibria can

be supported if the challenger is neither undeterrable nor satisfied with the status

quo (see Figure 4) or if neither concession nor resistance dominates the other for the

U.S. (see Figure 3). As a result, given this pessimistic posterior belief about Japan’s

willingness to honor the alliance commitment, the condition cU ≤ q never holds and

thereby the U.S. will always concede. Knowing this, the challenger will always make

a challenge if it sees that Japan maintains any degree of constitutional constraint

v∗J > 0. This strategic consequence remains intact even if Japan mitigates the con-

stitutional constraint by setting it less than the Self-Defense Constraint (v∗J < vJ)

so that it can exercise the right of CSD.

When Japan removes the constitutional constraint by setting vJ = 0, on the

other hand, the challenger and the U.S. may still be uncertain whether Japan will

honor the alliance commitment and intervene into an armed conflict if the U.S. re-

sists the challenge against its security interest. This is because in this equilibrium

not only the resolute type (cJ < θ) but also some of the irresolute type (cJ ≥ θ)

can signal vJ = 0. That is, some irresolute type government with cJ ∈ (θ, β] can

rationally mimic the signaling behavior of the resolute type. As a consequence, the

alliance commitment implied by the signal vJ = 0 is divided between the trustworthy
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commitments that are expected to be honored and the untrustworthy commitments

that are expected to be reneged on. Since a noisy signal vJ = 0 carries the divided

alliance commitment, the U.S. (and the challenger for that matter) faces a credi-

bility problem of Japan’s alliance commitment even if Japan abrogates its pacifist

constitution (especially Article 9) and grants itself a free hand to engage in CSD.

This credibility problem inherent in the divided alliance commitment is reflected in

the posterior belief: the U.S. (and the challenger) believe that Japan will intervene if

the U.S. resists only with probability θ/β. Thus, conditional on the challenge being

made, the U.S. assesses the credibility of Japan’s alliance commitment in weighing

its two possible responses: resistance and concession. If the U.S. expects that the

likelihood of Japanese intervention is high enough such that

F (vJ , θ) ≥
cU − q

ψ + cU (1− δU )
≡ F̂ (·), (13)

then it will resist the challenge.

Note that the U.S. would face the credibility problem in the divided alliance

commitment whenever some type of the Japanese government “misrepresents” its

alliance commitment. In principle, this can occur in two ways. First, the divided

alliance commitment can occur when the resolute government, which is willing to in-

tervene, maintains some positive constitutional constraints v∗J > 0 and subsequently

intervenes. Second, it can also occur when the irresolute government sets vJ = 0 and

then stays out of a bilateral conflict afterwards. Lemma 9 in the Appendix shows

that the first type of alliance commitment does not occur in equilibrium because

the resolute type can never rationally mimic behavior of the irresolute type in this

model. The second case of the divided alliance commitment is sustained under the

conditions established in the next Lemma.
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Lemma 4 (Divided Alliance Commitment). The separating signal vJ = 0 carries

the divided alliance commitment if cU ∈ (q, p
δU

) and cC ∈ (1−p, 1− q), or if s ≥ aJ
q
.

The first set of conditions on cC and cU presents the permissive cause for the

irresolute type (cJ > θ) to bluff. In particular, if the challenger is “undeterrable”

(cC ≤ 1 − p) and if the U.S. is highly resolved to resist the challenge regardless of

Japan’s military assistance (cU ≤ q), committing to intervention on which it cannot

follow through would only ensure that the irresolute type will be forced to renege on

the commitment, thereby incurring the reputation cost aJ . Thus, bluffing cannot

be rational. Likewise, if the challenger is satisfied with the status quo and if the

U.S. will concede to the challenge regardless of Japan’s choice, there is no need for

the irresolute type to bluff.

The second condition on s states that for the divided alliance commitment to

occur, the salience of the American security interest at stake must be sufficiently

high for Japan. This result appears trivial but its implication is not, as we will see

in the next section: the irresolute government attempts to convince the challenger

that it is willing to intervene so that it can lower the risk of the challenge if Japan

has a high stake in the American security interest that is being challenged. However,

this deterrent attempt with the mimicking strategy cuts both ways, as this deterrent

signal is also observed by the U.S., thereby inducing the U.S. to resist at a higher

rate. As a result, the irresolute government of Japan is more likely to be called upon

to intervene in the conflict between the challenger and the U.S. and subsequently

is forced to renege on the alliance commitment despite the fact that it has reduced

constraints to vJ = 0. In this equilibrium path, the irresolute government of Japan

incurs the reneging cost aJ . This is why the condition for the divided alliance

commitment on s is defined relative to the size of aJ . Additionally, the condition
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s ≥ aJ
q

is equivalent to aJ ≤ sq, implying that the irresolute government cannot

rationally invoke the divided alliance commitment if the reneging cost aJ is too high

relative to the magnitude of salience s.

If s is too low or if aJ is too high, the divided commitment cannot be sustained in

equilibrium. When this is the case, the separating equilibria fully separate Japan’s

willingness for intervention between the resolute and irresolute types, removing the

credibility problem of the alliance commitment. Specifically, a Japanese govern-

ment that completely removes the constitutional constraint (i.e., sets vJ = 0) is

the resolute type and always intervenes in a multilateral conflict with certainty. All

Japanese governments that maintain any degree of the constitutional constraint v∗J

including the Self-Defense Constraint vJ are the irresolute type and subsequently

stay out of a bilateral conflict. Thus, the U.S. would not face the credibility problem

inherent in the divided alliance commitment in this fully separating case and, con-

sequently, the existence of the separating equilibria is not confined to the conditions

on s, cC , or cU . Accordingly, when a Japanese government abrogates the constitu-

tional constraint by setting vJ = 0, the common posterior beliefs are F = 1 so that

the U.S. will resist the challenge unless it is very irresolute in defending its interest

(i.e., unless cU < p
δU

). Provided that the U.S. is willing to defend its interest (i.e.,

cU ≤ p
δU

), the challenger will still challenge the American security interest if it is

“undeterrable” (i.e., if cC ≤ 1− p).

5 Implications

The multiplicity of equilibria often poses a challenge in interpretation or prediction.

While each equilibrium presets a scenario that allows for probing the strategic logic

and consequences of CSD, I will not draw implications from the pooling equilibrium

since it requires that all the government types abandon any constitutional restriction
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on the use of force including Article 9. This does not describe the contemporary

Japanese politics particularly well because of the existence of the Japanese Com-

munist Party and the Social Democratic Party who oppose revision of the pacifist

constitution. Thus, I consider implications of the separating equilibrium for Japan

with regards to deterrence, for the logic underlying the recent government decisions,

and briefly for the extent of “trust” in the U.S.-Japan alliance politics.

5.1 Deterrence

To assess the strategic consequences of CSD with regards to Japan’s national secu-

rity, this section focuses on deterrence. The Abe government argues that the primary

goal of allowing for the exercise of the right of CSD through the re-interpretation

of the Constitution is to enhance deterrence with a more credible commitment to

the U.S.-Japan alliance. However, the equilibrium analysis in this chapter suggests

that the manipulation of the Constitution itself does not yield much leverage as a

deterrence device. First, as Lemma 2 shows, Japan cannot deter the challenger from

challenging the American security interest with certainty through the manipulation

of vJ , the political cost that the Japanese government incurs by invoking the right

of CSD. Even if Japan scrapped the pacifist constitution to allow for CSD, there

is nonzero probability of a challenge since some types of the challenger are “unde-

terrable.” In a sense, such an undeterrable type is immune to the manipulation of

the strategic environment or choices; only its own political will can influence the

undeterrable type’s behavior. As a consequence, the best Japan can do with its for-

eign policy—including reconfiguration of its constitution and other legal regulations

as well as the alliance politics—is to induce F (·) = 1, so that all “deterrable” chal-

lengers with lower resolve would be deterred. I call this situation perfect deterrence.

Under what condition does the manipulation of vJ ensure perfect deterrence in
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the separating equilibria to the signaling game? If the equilibria fully separate the

resolute type from the irresolute type, the abrogation of the pacifist constitution

by setting v∗J = 0 would generate prefect deterrence (see Lemma 4). However,

perfect deterrence in this scenario also requires two conditions that are difficult to

satisfy. The first condition is the obvious one—namely, the Japanese government

must scrap the pacifist constitution. The cabinet of Prime Minister Shinzo Abe,

the allegedly most hawkish government (with very low cJ) in recent years, has

only mitigated the constitutional constraint and has not secured a free hand to

exercise the right on CSD as Article 9 still remains intact. The second condition

is that the divided alliance commitment should not occur. Recall from Lemma 4

that it will not occur if the salience of American security interests for Japan is

sufficiently low relative to the reneging cost that Japan would incur should it fail

to honor the alliance commitment. Given the fact that Japan has held the U.S.-

Japan alliance as the central pillar of its national security strategy since the end

of World War II, it is hard to find any empirical ground to argue that Japan does

not highly value the American security interest in light of its own national security

(for example, see Calder 2009). The equilibrium analysis suggests that Japan could

raise the reneging cost, instead of lowering the salience, to attain perfect deterrence

in principle. However, Lemma 4 also states that as the salience becomes higher,

the reneging cost necessary to eliminate the divided alliance commitment becomes

high accordingly. Cursory observation of recent Japanese politics suggests that

most contemporary Japanese governments highly value American security interests.

Consequently, raising the reneging cost aJ to the point that Japan can tie its hands

to intervention by scraping its pacifist constitution appears difficult to attain.
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5.2 Strategic Logic of Collective Self-Defense

What does the equilibrium analysis tell U.S. about recent developments in the con-

stitutional interpretation regarding CSD? Within the context of the model in this

chapter, the cabinet decision of July 2014 by the Abe government arguably cor-

responds to an intermediate level of constitutional constraint vJ ∈ (0, vJ). This

cabinet decision, therefore, suggests that intervention into an armed conflict on be-

half of allies and friendly states is no longer constitutionally prohibited since the

Self-Defense Constraint is effectively relaxed (vJ < vJ). At the same time, this cab-

inet decision does not grant Japan a free hand to exercise the right of CSD; it instead

allows for only limited usage—i.e., intervention on behalf of the allies is allowed if

the threat against the allies also poses a grave threat against the national security

of Japan. An intermediate level of constitutional constraint is only supported in the

separating equilibria.

Recall that, in the separating equilibria, all the resolute governments remove the

constitutional constraint and all other government types that retain some degree of

the constraint are the irresolute type. Also recall that while the irresolute govern-

ment type can set the degree of constitutional constraint at any arbitrary level, the

choice of the exact value of v∗J does not affect the strategic consequences on crisis

dynamics and deterrence. These results have two important implications. First,

the cabinet decision of July 2014 signals that the Abe government is of the irres-

olute type. This is because the intermediate level of the constitutional constraint

v∗J is seen as a signal that Japan is not sufficiently resolved to honor the alliance

commitment and to intervene into an multilateral conflict. If the Abe government’s

intention was to signal that Japan’s commitment to the U.S.-Japan alliance is cred-

ible and that it is of the resolute type, the cabinet decision failed to achieve that
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foreign policy goal. Along the equilibrium path, only the complete removal of the

the constitutional constraint on the use of force would achieve the alleged political

ambitions of Prime Minister Abe. Further, Lemma 3 on the “intuitive criterion”

suggests that for the challenger to expect that the Abe government is fully resolved

to intervene if the U.S. goes under attack and for the U.S. to believe that Japan’s

commitment to the U.S.-Japan alliance is fully credible, the Abe government would

need to remove any constitutional constraint. In other words, there is no point of

simply reducing the constitutional constraint unless it is completely removed given

the Abe government’s alleged ambitions, since doing so signals that his government

is a irresolute type and the alliance commitment is not credible.

Second, the difference between vJ > 0 and vJ is inconsequential for the choices

and outcomes of an international crisis that may follow. Since simply reducing

the constitutional constraint is strategically equivalent to keeping the Self-Defense

Constraint intact, the recent Japanese government’s effort to reset the constitutional

constraint at vJ ∈ (0, vJ) is not qualified as a kind of defense posture that would

enhance Japan’s national security, let alone perfect deterrence.

Usual explanations invoke the politics within the coalitional government, the

pacifist public opinion, the fear of entrapment, among other features for why the

Abe government has settled for the intermediate level of the constitutional constraint

vJ ∈ (0, vJ). Aside from these usual explanations, one alternative explanation im-

plied by this model is that of the power-aggregation coefficient ψ. Proposition 2

states that for any given type of the Japanese government to set vJ = 0, it must

be the type below β, which is increasing in ψ. A government type with a relatively

strong willingness to use force that is still above β implies that the current strate-

gic environment has pushed β upwards, suggesting that ψ is not large enough. If
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the fighting effectiveness does not drastically increase, were Japan’s military forces

to join the U.S. military forces, the power-aggregation coefficient ψ should remain

small. As long as Japan’s intervention is not expected to generate much military

benefits on the battle field, a government would rationally refrain from fully com-

mitting to intervention into an armed conflict.

5.3 Trust in Alliance Politics

Prime Minister Shinzo Abe often argues that the exercise of the right of CSD has

critical importance in maintaining “trust” towards Japan in the U.S.-Japan alliance

partnership.9 Does the collective self-defense enhance the U.S.-Japan alliance by

increasing “trust,” and under what conditions? Within the context of the present

model as well as the literature on alliances, the problem of trust is captured by the

credibility problem of the intervention commitment. Then, the trust sabotage occurs

when the divided alliance commitment occurs. Since Lemma 4 suggests that the

divided alliance commitment is more likely to occur if s is large, the high salience

of the U.S. security interest held by Japan may have a detrimental effect on trust

in the alliance partnership.

6 Conclusion

The objective of this chapter has been to examine the strategic logic of CSD in

light of international relations theory by exploring the implications of CSD for the

security environment and alliance politics of Japan. To do so, this chapter models,

in the context of the U.S.-Japan alliance, the manipulation of constitutional con-

straints on military intervention into an ally’s armed conflict as a costly signal of

the government’s willingness to use force. The analysis of the signaling game shows

9For Prime Minister Abe’s remarks, see footnote #2 above.
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that the manipulation of CSD does not offer an effective signaling device.

Simple reduction of the constitutional constraints does not help the Abe gov-

ernment achieve its goal of deterrence. This is because Japan’s reliance on, and

close tie to, the U.S. military undermines the credibility of such alliance commit-

ments. While the complete removal of any constitutional constraints on CSD would

deter the potential adversary’s challenge to the status quo with certainty, this sce-

nario does not appear to be feasible as it would require that Japan scrap its pacifist

constitution and that no government type bluffs.

The analysis here demonstrates the analytical leverage of a game theoretic anal-

ysis; though by no means does it provide an insight to every important issue related

to recent developments regarding the right of CSD. Since the U.S.-Japan alliance

represents the sole case of asymmetric defense obligation, systematic empirical anal-

ysis of the effect of CSD on a subsequent security environment is not possible. The

equilibrium analysis of a game-theoretic model, however, allows us to analyze coun-

terfactuals; doing so, we bring scientific reasoning to the ramifications of CSD that

international history has yet to experience.
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7 Appendix

Proof of Lemma 1. Suppose that Japan sends some separating signal vJ . Since the

cut-point configuration θ ≤ 0 induces the posterior belief to be fixed at F (vJ , θ) = 0,

any separating strategy cannot be consistent with this fixed belief. Now consider a

pooling signal vJ = 0. Substituting for expression (3), the condition θ ≤ 0 yields

θ ≡ sψ − vJ + aJ < 0, or sψ < −aJ . Since s > 0, ψ > 0, and aJ > 0, this condition

never holds. Also, consider a pooling signal of the other extreme vJ = vJ . Since

θ ≡ sψ− vJ +aJ from Eq. (3), substituting for vJ ≡ sψ− cJ +aJ from Eq. (4) gives

θ ≡ sψ − vJ + aJ ≤ 0

sψ − (sψ − cJ + aJ) + aJ ≤ 0

cJ ≤ 0.

This condition contradicts the assumption cJ > 0. Finally, consider a pooling signal

on v
′

J > 0. Since the condition θ ≤ 0 implies that intervention is strictly dominated,

the pooling sinal is equivalent to vJ that satisfies the Self-Defense Constraint.

Proof of Lemma 2. Suppose to the contrary that the challenger strictly prefers keep-

ing the status quo to making a challenge. Then, it must follow that ĉC ≤ 0. With

expression 8 for ĉC , this condition holds iff 1 − q − F (vJ , θ)ψ ≤ 0, or equivalently

iff F (vJ , θ) ≥
1−q
ψ

= 1−q
p−q

. Since p < 1 and F (·) < 1 by construction, it follows that

F (vJ , θ) ≥
1−q
ψ

> 1. Thus, this last condition is never attainable.

Proof of Lemma 3. Consider an out-of equilibrium signal v†J < v
′

J . The PBE with

a partition signal vJ = {v
′

J , vJ}, where v
′

J = 0, requires that the challenger and

the U.S. observe places the zero weight on such highly-resolved type. This is not

“reasonable” since a highly-resolved type could benefit from setting vJ = v†J . To see
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this, note that the payoffs for a highly-resolved type c†J < θ from signaling v
′

J and

v† are given by

uJ(v
′

J) =











s if cU ≤ p and cC > 1− p

0 if cU > p

sp− cJ − v
′

J if cU ≤ p and cC ≤ 1− p

uJ(v
†) =











s if cU ≤ q and cC > 1−

0 if cU > q

sp− cJ − v† if cU ≤ q and cC ≤ 1−

Clearly, if cU ≤ q and cC ≤ 1 − q, type c†J can profitably deviate to v†J until

v
′

J = 0.

Proof of Lemma 4. To identify the conditions under which the divided alliance com-

mitment can occur in the equilibria specified in Proposition 2, it suffices to iden-

tify the condition under which the signal vJ = 0 is incentive compatible for types

cJ ∈ (θ, β]. That is, for these types, it must be that uJ(0) ≥ uJ(v
∗
J ), where

uJ(0) =











s if cU ≤ ĉU and cC > ĉC

0 if cU > ĉU

sq − aJ if cU ≤ ĉU and cC ≤ ĉC

uJ(v
∗
J ) =











s if cU ≤ q and cC > 1− q

0 if cU > q

sp− aJ if cU ≤ q and cC ≤ 1− q

If cU ∈ (q, ĉU ] and cC ≤ ĉC , types cJ ∈ (θ, α] may have an incentive to deviate since,

under these conditions, the equilibrium payoff with a signal vJ = 0 is sq − aJ and

the payoff from the deviation to v∗J is 0. Hence, these types cJ ∈ (θ, β] may have an

incentive to deviate unless sq − aJ ≥ 0, or s ≥ aJ
q
.

Proof of Proposition 1. To show the results, I establish a series of Lemmas regarding

the equilibrium behavior.

Lemma 5. There is no PBE in which all government types of Japan pool on a

signal vJ = 0 if all types stay out of a bilateral conflict.

Proof of Lemma 5. Note that for all types of Japan to stay out, it must be that
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θ < 0. Substituting θ ≡ sψ − vJ + aJ , where vJ = 0, we rewrite this condition as

θ ≡ sψ − vJ + aJ < 0

sψ − 0 + aJ < 0

sψ < −aJ .

Since s > 0 and ψ > 0, and aJ > 0 by definition, this condition never holds.

Lemma 6. All government types of Japan pool on a signal vJ = 0 and subsequently

intervene in a multilateral conflict in equilibrium if the salience of the disputed good

is sufficiently high or if the U.S.-Japan alliance improves their fighting capability.

Proof of Lemma 6. This case is equivalent to a trivial case where there is no irreso-

lute type so that cJ ≤ θ. For all government types of Japan to intervene, it must be

true that EUJ(IN) ≥ EUJ(OUT ) conditional on the signal vJ = 0 for all cJ types.

This inequality holds if sp − cJ ≥ sq − aJ or cJ ≤ sψ + aJ . This condition holds

for all cJ types in this case because they are below θ ≡ sψ + aJ . Finally, since it

must be that F (·) ≥ 1 in this case, it implies that θ ≥ 1, which in turn implies that

s ≥ 1−aJ
ψ

.

Lemma 7. A pooling signal with v
′

J > 0 cannot constitute a PBE, regardless of the

underlying resolve level for Japan (i.e., regardless of the relative magnitude of θ).

Proof of Lemma 7. Suppose θ > 0 so that there exists the resolute type cJ ≤ θ that

prefers intervening to staying out. Then, this type has an incentive to deviate to any

vJ < v
′

J if the history of the signaling game calls upon Japan to intervene. Similarly,

suppose that θ ≤ 0 so that all government types of Japan are irresolute so that they

prefer staying out to intervening. By Lemma 1, there is no equilibrium with this

condition. Thus, a pooling strategy with v
′

J cannot constitute an equilibrium.
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To complete the proof of Proposition 1, note that the cutoff points in expres-

sions (11) and (12) are readily derived by substituting F = θ in the decision rules

for the U.S. in expression (5) and for the challenger in expression (8), respectively.

To derive the equilibrium conditions, note that substituting F = θ in expression (5)

yields cU ≤ pθ+q(1−θ)
1−θ(1−δU ) ≡ ĉU . For ĉU to be feasible, it must be that 1− θ(1− δU ) > 0,

which implies θ < 1
1−δU

. Substituting for θ ≡ sψ − vJ + aJ and simplifying yields

s < ψ( 1
1−δU

− aJ).

Lemma 8. A separating signal with partition vJ = {0, v
′′

J , vJ}, where 0 < v
′′

J < vJ ,

cannot constitute a PBE. All cJ ≤ α set vJ = 0, all cJ ∈ (α, γ] choose v
′′

J , and all

cJ > γ choose the self-defense constraint vJ , .

Proof of Lemma 8. (Sketch) Suppose that θ < 0 so that all government types of

Japan stay out of a bilateral conflict. Then, all types cJ ≤ α can profitably deviate

to some v
′′

J > 0 if the history of the signaling game reaches Japan’s decision to

intervene. Suppose that 0 < θ < α so that some types below α would not intervene.

Then, types cJ ∈ (θ, α] would deviate to some v
′′

J > 0; otherwise, this cut-point

strategy contradicts the Japan’s intervention decision rule in expression (3). Suppose

that α < θ < γ. Then, types above γ will have an incentive to deviate from vJ to v
′′

J

because a signal v
′′

J would induce the challenger to make an challenge at the lower

rate than would a signal vJ . Finally, suppose that θ > γ. Then types below γ would

profitably deviate from v
′′

J to vJ = 0.

Proof of Proposition 2. The preliminary analysis in Section 3 has already charac-

terized the best responses Japan’s intervention decision, the resistance decision for

the U.S., and the challenger’s initiation decision. Thus, it suffices here to derive

the cut-points with the posterior beliefs induced by the proposed signaling strat-

egy, given θ. The proposition postulates the following signaling strategy for Japan:
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the resolute type with cJ ≤ θ sets vJ = 0 and intervenes; some irresolute type

cJ ∈ (θ, β) sets vJ = 0 and stays out; and other irresolute type cJ > β sets vJ = vJ

and stays out. Observing the signal vJ = 0, the posterior beliefs are F (·) = θ
β
and

1−F = β−θ
β

(with the uniform distribution). For the U.S. decision, substituting (5)

for the posterior gives

cU ≤
θψ + βq

β − θ(1− δU )
≡ ĉU .

Solving for β gives its critical value: β = θ(ψ+cU (1−δU ))
cU−q

≡ β̂U . Since the postulated

signaling strategy requires that β > θ, substituting for β = β̂U gives θ(ψ+cU (1−δU ))
cU−q

>

θ. Solving for cU yields cU < p
δU

if cU − q > 0. If cU − q < 0 instead, the condition

β > θ would hold for cU > p
δU

. But there is no cU that both satisfies cU < q and

cU >
p
δU

. Thus, for the proposed signaling strategy to be part of a PBE, it must be

that

cU ∈ (q,
p

δU
).

For the challenger’s best response, substituting (8) for the posterior belief yields

cC ≤
β(1 − q)− θψ

β
≡ ĉC .

Solving for β yields β = θψ
1−q−cC

≡ β̂C . As before, this proposed equilibrium requires

β > θ. Substituting for β̂C gives ψ
1−q−cC

> 1. This inequality holds either if

1− q − cC > 0 and cC > 1− p, or if 1− q − cC < 0 and cC < 1− p. The latter case

implies that cC ∈ (1− q, 1− p), which is not true since p > q by assumption. Thus,

the proposed signaing strategy constitutes a PBE if

cC ∈ (1− p, 1− q).

Observing v∗J , the posterior beliefs are F (·) = 0. The best responses by the U.S.

and the challenger with this belief are already given by the preliminary analysis in

Section 3.
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Lemma 4 has already derived the condition under which the proposed signaling

strategy is incentive compatible.

To assess if Japan’s intervention decision is sequential rational given its signaling

strategy, let c1J define as any cJ ≤ θ, c2J as cJ ∈ (θ, β], and c3J as cJ > β, where

c1J < c2J < c3J . For the resolute type cJ ≤ θ to signal vJ = 0 and intervene in

equilibrium, it must be that sp − c1J − 0 ≥ sq − aJ , or c
1
J ≤ sψ + aJ − 0. This

holds for all cJ ≤ θ ≡ sψ + aJ . Similarly, for some irresolute type cJ ∈ (θ, β] to

set vJ = 0 and stay out, it must be that sp − c2J − 0 < sq − aJ , or c
2
J > sψ + aJ .

This holds for all cJ > θ ≡ sψ + aJ . Lastly, for some irresolute type cJ > β to stay

out after signaling v∗J in equilibrium, it must be that sp − c3J − v∗J < sq − aJ , or

c3J > sψ + aJ − v∗J . This holds for all cJ > β because β > θ ≡ sψ + aJ − v∗J .

Lemma 9. The PBE with a separating signal vJ = {v
′

J , vJ} cannot be sustained if

the resolute type sets vJ = vJ with a positive probability.

Proof of Lemma 9. The signal vJ = vJ is not incentive compatible for some resolute

types cJ ∈ (α, θ], where α is defined as the highest-cost type of Japanese government

that prefers the signal v
′

J . To prove this, it suffices to show that these types can

profitably deviate to the signal v
′

J . The signals vJ and v
′

J , respectively, yield the

following payoffs:

uJ(vJ) =











s if cU ≤ p and cC > 1− p

0 if cU > p

sp− cJ − vJ if cU ≤ p and cC ≤ 1− p

uJ(v
′

J) =











s if cU ≤ ĉU and cC > ĉC

0 if cU > ĉU

sp− cJ − v
′

J if cU ≤ ĉU and cC ≤ ĉC

Since vJ > v
′

J by definition, types cJ ∈ (α, θ] can profitably deviate to the signal

v∗J .
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